,0                       HISTORY OF MATHEMATICS.
243-139=9*3+10(9-4 +3-3)+100(9-2+ 3-4 +1-3) + 1000(2-3+ 1-4)+10 000-2-1
was represented as follows:
4                n
I               8               0
In German books are found, besides these, two noteworthy methods of multiplication, of which one begins on the left (as with the Greeks), the partial products being written in succession in the proper place, as shown by the following example 243*839 :
839
243
166867 839-243 =2-8 -10* + 2 -3-103 + 2-9-102 3129                             + 4-8-10*+ 4-.3-102 +4-9-10
232                             +3-8-102 + 3-3-10 +3-9.
14
2 203877
In division the upwards-division prevailed; it was used extensively, although Luca Pacioli in 1494 taught the downwards-division in modern form.
After the completion of the computation, in conformity to historical tradition, a proof was demanded. At first this was secured by casting out the nines. On account of the untrustworthiness of this method, which Pacioli perfectly realised, the performance of